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I'Iilbﬂft-SYStﬁmE Setting that out symbolically, we could display the argument like this, arranging
things Fiteh-style (as in a classic 1952 logic text, Symbolic Logic: an Introduction by
Frederic B. Fitch):

Next, let’s show that (P — Q). (Q — R) Fm (P — R):

1. (P—=Q) premiss (P—Q) premiss
(Q—R) Ppremiss (Q—R) premiss

(Q—=R) = (P—(Q@—R) by Axl _—
(P~ (Q—R)) from 2, supposition

2
3

4- i

5 (P—-(Q—=R)—=((P—Q)—(P—R)) by Ax2 from 3. 1 by MP
.

7.

(P—Q)—(P—=R)) from 4, 5 by MP from 4, 2 by MP

P—R) from 1,6 by AP S
Let’s have an example of an axiomatic system to be going on with. In this syvstem M,
to be found e.g. in Mendelson's classic Iﬂtmducﬁnﬂ to Mathematical Logic, the only

3.5 Another way of laying out proofs
3.5.1 Gentzen-style proofs — the general idea FltCh'Stll

natiirliches SchlieB3en:

Pl (P—Q)

Q (Q—R) —
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4.2.2 Voraussetzungsregel (Vor) O - slelig b2 w-ef‘t\-ﬁ'_-geque«% aloes
Sl = Az Wt ruu.—\— C\) -r-)
. falls ¢ ein Glied von I' ist. ableitbar
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4.2.1 Antezedensregel (Ant) A SJefLeji(Z%’ ,.

r' ()
e . : : : . :
. falls jedes Glied von I' ein Glied von 1" ist

U@ " lhurz: falls PCT:
Tnelcs
I, eve DX bedsa achcoeds
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4.2.3 Fallunterscheidungsregel (FU) %rkhﬁ%] A_a T'X/, 3 SRR
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4.3.1 Modifizierte Wider 5pruchbregel (Wid’) ‘“-DQE' "‘QA Lot . \ Cﬂn:’t)
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' e 0 (Ant) auf 1. 1—— g

[ =g —v (Ant)auf2.
5. T ;,:L' E“;il)) auf 3., 4 'Eﬁﬁ“’ﬂc‘«*“ [ Ka\bﬁ vt R
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©  Pramisse
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(Ant) auf 1.
- (Vor) .
—~ (Wid’) auf 3., 4.
v (FU) auf 2., 5.
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