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Exercise # 1.
Let f : N — N be a function. Define a sequence of sets of natural numbers as follows:

® E_1 =,
P Enfl
o I, = Wf(n) .

Show that there is a set H C N such that for all n € N, E,, <t H. Deduce from this
that there is a set H such that for all n € N, 0 < H.

Exercise # 2.
A subset C' C D is called a cone if there is some b € D (called the base of the cone)
such that
C={deD;b<rd}.
Define the family MF C p(D) by
X € MF : &= there is a cone C such that C C X.

This family is called the Martin filter. Show that it is actually a filter, i.e., (i) D € MF,
(ii) supersets of sets in MF are in MF, and (iii) intersections of sets in MF are in MF.
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